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Abstract
Three forms of electron or x-ray holography ‘by contrast’ are discussed:
they all exploit small changes in diffraction conditions to improve image
quality and/or extract additional information. Spin-polarized photoelectron
holography subtracts spin-down from spin-up holograms so as to image the
relative orientations of atomic magnetic moments around an emitter atom.
Differential photoelectron holography subtracts holograms taken at slightly
different energies so as to overcome the forward-scattering problem that
normally degrades the three-dimensional imaging of atoms, particularly for
emitter atoms that are part of a bulk substrate environment. Resonant x-ray
fluorescence holography also subtracts holograms at slightly different energies,
these being chosen above and below an absorption edge of a constituent atom,
thus allowing the selective imaging of that type of atom, or what has been
referred to as imaging ‘in true colour’.

1. Introduction

The holographic reconstruction of atoms in solids, including surfaces, interfaces and
bulk materials, produces real-space images that locate individual atoms in the immediate
neighbourhood of selected ‘source’ atoms [1–14], often to within a fraction of an Ångström.
Here we will consider two types of outgoing waves that produce the holograms: photoelectrons
and fluorescent x-rays, as produced via core-level excitations. Because such holograms and
their associated images are produced by element-specific core processes, a key and well-
recognized advantage of such holographies is that they are source-atom specific. That is, the
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local environment of each type of atom in a complex system can be determined separately.
However, such imaging does not readily provide the chemical or magnetic nature of the
neighbour atoms. Also, the accuracy of the imaging, particularly with photoelectrons, is
limited by effects such as the anisotropy of atomic scattering factors (with forward scattering
a major obstacle), multiple scattering and truncation of the experimental data.

By contrasting holographic images measured under slightly different conditions, it
is possible to obtain additional information, such as magnetic structure and chemical
differentiation, and also to improve the quality of ‘normal’ holographic images.

This paper describes three methods of such ‘holography by contrast’. In spin-polarized
photoelectron holography (SPPH) [15] holograms measured with spin-up and spin-down
electrons are subtracted from one another to produce a map of the relative orientations of
magnetic moments in the neighbourhood of an atom emitting photoelectrons. In differential
photoelectron holography (DPH) [16], one exploits the fact that the atomic forward-scattering
(FS) peak varies only slowly with energy, such that another difference of holograms, this time
at slightly different energies, is found to largely eliminate disruptive FS effects in imaging
atoms. In resonant x-ray fluorescence holography (RXFH) [17], one uses the rapid change of
the x-ray scattering factors near an absorption edge to selectively image individual chemical
neighbours in a compound material.

Before proceeding to specific examples for each case, we note for clarity that a method
called ‘derivative’ PH has been proposed by Chiang and co-workers [18], and this also is
based on measurements of photoelectron intensity in slightly different conditions (at two
nearby energies). However, the purpose there is to eliminate uncertainties in the experimental
intensities I due to the variation of experimental conditions, by first taking logarithmic
derivatives [∂I/∂k]/I that are then reintegrated into ‘self-normalized’ intensities; after that
step, the holographic reconstruction is ‘normal’.

Various reconstruction algorithms [3, 4, 6] and measurement methods [19] have been
proposed for photoelectron and x-ray fluorescence holography, many of which are represented
by the formula

U(r) =
∣∣∣∣
∫
Wχ(k) exp[−ikr + ik · r] d3k

∣∣∣∣
2

(1)

whereU is the image intensity at position r, χ(k) = (I (k)−I0)/I0 is the normalized hologram
based on intensities measured over three-dimensional k space, I0 is the intensity in the absence
of any scattering, and the function or operator W permits describing the difference between
algorithms, with W = 1 in the original multi-energy formulations [3]. The three methods to
be described in the following will start from this basic formula, and deviate from it in different
ways.

As a general comment, we note that photoelectron holography involves very strong
electron–atom scattering and thus very easily measured modulations in χ(k) that can reach
±30%. This strong scattering is nonetheless not ideal for holography, in that it is also very
anisotropic and at higher energies above about 300 eV also strongly peaked in the forward
direction; it also leads to multiple scattering effects that can distort images or produce artefacts.
Multiple-energy images based on equation (1) can improve the image quality and suppress
multiple scattering effects, but scattering anisotropy and phase shift effects may remain.
X-ray fluorescence holography by contrast involves very weak x-ray-atom scattering and
much more difficult to measure modulations in χ(k) of typically a few tenths of a per cent.
However, the weak nature of the scattering leads to holograms that are much more ideal, and
to correspondingly more accurate atomic images.
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2. Spin-polarized photoelectron holography (SPPH)

There is great interest in studying near-surface magnetism in various types of nanostructures
for which magnetic order may be significantly different from that of the corresponding bulk
materials. Spin-polarized photoelectron diffraction (SPPD) without direct imaging has already
proven capable of detecting changes in short-range magnetic order as a given transition
temperature is crossed for both antiferromagnets [20] and a ferromagnet [21], but adding
three-dimensional imaging to such measurements would render them much more powerful. It
has previously been demonstrated theoretically [15] that it should be possible to image short-
range magnetic structure by means of photoelectron holography in which the electron spin is
resolved.

The method relies on the difference in the scattering of spin-up versus spin-down electrons
by atoms that carry a net spin magnetic moment. The primary interaction involved is thus
exchange between the photoelectron and the unpaired valence electrons on the magnetic
atom, although spin–orbit effects also may have to be considered for the most accurate
description, especially for scattering from heavier atoms. The photoelectron spin can be
resolved simply by exploiting the energy separation between multiplet-split core levels in
transition metal compounds or ferromagnetic metals. This constitutes an internally referenced
source of spin-polarized photoelectrons, giving magnetic moment orientations relative to that
of the source atom. Adding an external spin detector and/or exciting spin–orbit split levels
with circularly polarized radiation [22] provides the further possibility of making externally
referenced measurements, giving absolute magnetic orientations in the laboratory frame.

If we measure separately the two holograms χ↑ (k) and χ↓ (k) for the two different spin
orientations, and ifU↑ (r) andU↓ (r) are their respective reconstructed images using ‘normal’
holographic methods, we can define two separate difference images that focus on just the
spin-dependent aspects of the scattering:

�(r) = U↑ (r)− U↓ (r) (2)

and

�′ (r) =
∣∣∣∣
∫
k

exp (−ikr)
∫ ∫

k̂

exp (ik · r) [χ↑ (k)− χ↓ (k)]k2 dk sin θk dθk dϕk

∣∣∣∣. (3)

The latter is the normal three-dimensional holographic transform of equation (1), but now
applied to the difference of the spin-up and spin-down holograms.

The expectation is that �(r) will show signals of opposite sign at atomic locations with
opposite magnetic moment. It should also show no signal at the locations of non-magnetic
atoms. Because of the overall absolute value, the second image, �′(r), should not show
spin-up versus spin-down sensitivity, but should nonetheless show the location of magnetic
moments, while again suppressing non-magnetic atoms.

The potential of this method is illustrated in figure 1 for a simulated experiment for a small
cluster representing a MnO(001) surface (figure 1(a)) [15,23]. Atomic magnetic moments are
shown in figure 1(a) as cones pointing up or down. Spin-up and spin-down photoelectrons
are emitted from the central Mn2+ atom, and they can side-scatter from both O and Mn atoms
in the same plane so as to yield two different sets of holograms. These holograms have been
calculated with full multiple scattering and spin-dependent potentials [24]7. Spin-up electrons
scatter from spin-down Mn2+ atoms without the normal exchange potential that is included in
the scattering of electrons from same-spin Mn2+ atoms, and therefore, two separate sets of phase
shifts are needed to calculate the electron scattering. The potential is slightly more attractive

7 MSCD photoelectron diffraction program package from http://electron.lbl.gov/mscdpack/mscdpack.html.
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(a)

(b) (c)

(d ) (e)

Figure 1. Theoretical simulation of spin-polarized photoelectron holography (SPPH): (a) a nine-
atom cluster representing the (001) surface of MnO, with an emitter in its centre and eight side-
scattering Mn and O neighbours around it; (b), (c) normal holographic images U↑ (r) and U↓ (r)
generated for the two different photoelectron spins using ten energies between 127 and 278 eV; (d)
spin-sensitive holographic image �(r); according to equation (2). (e) Spin-sensitive holographic
image �′ (r) according to equation (3).

when the spin of the photoelectron and the net spin of the Mn atom are parallel. Holograms were
calculated at ten energies between 127 and 278 eV, so as to be able to take advantage of the well
known image improvements possible with multi-energy imaging [2,6,7]. An important detail
in using the spin-dependent image functions in equations (2) and (3) in the most unambiguous
way is that the calculations were performed at the same final electron energy for spin-up and
spin-down electrons, so that the spatially dependent diffraction conditions remain the same
(i.e. same photoelectron wavelength). In practice, this would require an experiment to shift
the incoming photon energy by an amount corresponding to the difference in the two spin-
resolved photoelectron peaks (e.g., about 6.0 eV for the Mn 3s multiplets in the MnO case
considered here) between the spin-up and spin-down measurements, thus again requiring a
tunable synchrotron radiation photon source.
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Figures 1(b) and (c) show standard multi-energy holographic reconstructions (via
equation (1) with W = 1) and produced with spin-up and spin-down electrons, respectively.
They look much alike, due to the relatively small effect of the exchange potential (5–15% of
the total effective scattering potential), and both image the nine atoms of the cluster. Their
difference image �(r) (equation (2)) is shown in figure 1(d): the Mn2+ atoms are imaged
with opposite contrast, reflecting their opposite magnetic moments, while the oxygen atoms
are effectively suppressed, as expected. Phase variation across the Mn2+ images produces
oscillations in sign, but it is nonetheless clear that the two pairs of Mn scatterers have opposite
orientation. To establish the orientation of the magnetic moments on the scatterers relative to
that on the emitter would require further work, e.g. in comparing experimental and theoretical
images. The second type of difference image �′ (r) (equation (3)) shown in figure 1(e)
also confirms expectations: it images the magnetic moments without being sensitive to their
orientation, and omits the non-magnetic atoms.

Beyond the two simple imaging functions considered here for SPPH, Timmermans
et al have also discussed from a theoretical point of view more detailed vectorial methods,
including spin–orbit contributions to the difference of the spin-up and spin-down photoelectron
fluxes [25]. These methods also show promise for even more precise studies of short-range
magnetic order in future experimental work.

Thus, spin-polarized photoelectron holography represents an intriguing and challenging
experimental possibility for the future, but one well matched to the new synchrotron radiation
sources that are now becoming available. Possible applications would be to some of the strongly
correlated materials and to complex magnetic alloys, for which the interaction between short-
range and long-range magnetic order is thought to play a strong role in producing intriguing
properties.

3. Differential photoelectron holography (DPH)

From the first papers on photoelectron holography, it has been clear that the strong electron–
atom scattering involved was both a blessing in producing large holographic oscillations and
easily measured holograms, and a curse in yielding very anisotropic scattering factors that are
strongly peaked in the forward direction at higher energies above a few hundred eV [2,6,23].
Since the ideal scattering factor for holography would be weak and isotropic, photoelectron
holographic images can often suffer distortions and peak shifts. Some of these aberrations
can be corrected by using a sufficiently large multi-energy data set, but it has still proven
particularly difficult to image bulk-like atoms that are present in the first few layers below a
surface, as recently illustrated for the case of bulk atom emission from W(110) [7].

To overcome the poor imaging quality associated with strong and anisotropic forward
scattering (FS) of electrons, a new approach called ‘differential holography’ has been proposed.
This proceeds simply by replacing χ in equation (1) by its derivative with respect to the
magnitude of the photoelectron wavevector k (or equivalently by setting W = ∂/∂k) or
more conveniently by a numerical difference between two χ at slightly different energies
(δχ = χ(k+δk)−χ(k)). FS effects can be greatly suppressed via this method. This method has
been applied to both experimental and theoretical multi-energy holograms for Cu 3p emission
from Cu(001), and results in images that are improved over prior work in several respects.
Applications of this approach in other electron-based holographies also appear possible.

The principle of DPH is as follows: we consider the single-scattering expression of the
hologram χ for an emitter–scatterer pair spaced by a vector r [26]:

χ (k) = I − I0

I0
≈ 2|f (k, θkr )|

r
cos [kr(1 − cos θkr ) + ϕ(k, θkr )] (4)
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(a)

(b) Figure 2. Comparison of the usual scattering
amplitude |f | and the effective scattering amplitude
of differential holography |feff |, calculated for Cu–
Cu nearest neighbours (r = 2.56 Å) as a function
of scattering angle θk

r for two different sets of k and
δk in taking the differential of χ : (a) k = 4.6 Å−1

(81 eV), δk = 0.2 Å−1 (7 eV) and (b) k = 8.8 Å−1

(295 eV), δk = 1.0 Å−1 (67 eV). The final strong FS
data points of |f | at the right of panel (b) are truncated.
We have confirmed numerically that equation (3) is a
good approximation even in the case of (b), where δk
has a larger fractional value.

where I0 is the intensity that would be observed without atomic scattering andϕ is the scattering
phase. If δk is sufficiently small so that δ|f |/|f | 
 1, where δ|f | is the change in |f |, the
difference of two holograms at k± = k± δk/2 can be written in a form similar to equation (4):

δχ(k) = χ(k+k̂)− χ(k−k̂) ≈ −2|feff |
r

sin
[
kr

(
1 − cos θkr

)
+ ϕ̄

(
k, θkr

)]
(5)

where the direction k̂ is defined by angles θ and φ, the ‘effective’ scattering amplitude is
defined as |feff | = 2|f |sin

[
δkr

(
1 − cosθkr

)
/2 + δϕ/2

]
, and ϕ̄ is the average of the ϕ at k±. In

the FS region (θk
r → 0), |feff | is thus very small, approaching zero in the limit of δϕ → 0. If δk

is also small, |feff | is proportional to r; thus, DPH not only suppresses the FS effects, but also
enhances the imaging of distant atoms. However, ϕ̄ still remains in the sinusoidal holographic
oscillation of equation (5), and this could be the origin of small image position shifts.

In figure 2, |f | and |feff | are plotted as a function of θk
r for Cu–Cu nearest neighbours

(r = 2.56 Å) and two choices of energy and energy difference. For k = 4.6 Å−1 and δk = 0.2
Å−1, | feff | is significant only in the region of θk

r > ∼90◦. Therefore, the imaging of side-
scattering (SS) and back-scattering (BS) atoms is expected, while it will be difficult for this case
to image FS atoms. On the other hand, for k = 8.8 Å−1 and a larger fractional δk = 1.0 Å−1,
|feff | is significant not only in the BS region but also in the range of θk

r ∼ 30–90◦. Since it is
well known that near-neighbour FS diffraction fringes extend out beyond 30◦ [26,27], we might
expect the latter choice to also permit imaging FS atoms. In this way, the relative sensitivity
of DPH to SS and FS atoms can be ‘tuned’ by selecting the range and step width of k scans.

To demonstrate DPH experimentally, we have applied the method to measured
photoelectron holograms [16]. Photoelectron spectra for Cu 3p emission were measured at
25 energies over k = 4.5–9.3 Å−1 (Ek = 77–330 eV) with a constant step of δk = 0.2 Å−1

(corresponding to δEk = 7–14 eV), along 65 different directions over a symmetry-reduced
1/8 of the total solid angle above the specimen, and with a polar angle range from θ = 0◦

(surface normal) to 70◦. A total of 1625 distinct intensities were thus measured.
The photoelectron intensity I (k = k, θ, φ) was fitted by low-order polynomials with three

variables to obtain the smooth background intensity I0 [7,28]. Three kinds of χ were obtained
from this fitting: χA by fitting a scanned-angle pattern Ik (θ, φ) at each fixed k [5], χB by
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fitting a scanned-energy curve Ik̂ (k) at each fixed direction k̂ [6] and χC by fitting to the full
data set of I (k, θ, φ) at once, with the last being the most accurate from an a priori point of
view [7]. The k-differences from χC were also used for DPH in what we will term method D
(i.e. χD = δχC as defined in equation (5)). The proper method of I0 subtraction has been the
origin of some controversy concerning the fidelity of reconstructed images, and so warrants
a little more discussion here [9]. It has been suggested [9] that method B has an advantage
over method A in that low-frequency oscillations due to FS events in Ik̂ (k) are automatically
removed. However, this also means that the I0 from method B inherently deviates from the
true I0 defined as the intensity without scattering, especially in the FS direction. In addition,
since each Ik̂ (k) is independently normalized without considering the continuity of χ in the
whole sampled k space, method B could degrade holographic fringes in Ik (θ, φ). Similarly,
method A could degrade holographic oscillations in Ik̂ (k). In contrast, method C takes into
account the continuity of χ over the whole data set, but the FS peaks remain in χC . Method D
(= DPH with χC) should suppress these forward scattering effects. Thus, a comparison of
methods A–D is of interest in general from the point of view of holographic methodology
and it also provides a critical test for the efficacy of DPH in reducing FS effects. The simple
original transform was used for all four data sets; but to avoid spurious features due to the
abrupt truncation of the integral in equation (1),W was taken to be the product of a Gaussian
function of k and a Hanning function cos2 θ , with an additional multiplication by r to make
atoms at larger distances more visible.

Figure 3 shows cross atomic images reconstructed with the four methods in the vertical
(100) plane of Cu(001), with methods A–D being applied to experimental data in parts (a)–(d),
respectively, and methods C and D being applied to an accurate multiple-scattering simulation
of the experimental results in parts (e) and (f), respectively. First considering methods A–C
which are different approaches to standard photoelectron holography, we see the qualitatively
expected results that method A retains strong FS features, requiring a large enhancement factor
of 46× in the bottom part of the image to display BS atoms of types 1 and 3 (figure 3(a)),
that method B indeed suppresses these features strongly, with enhancement by 5× now being
necessary in the top part of the image to see some SS atoms of type 4 (figure 3(b)); and that
method C is intermediate between A and B in requiring somewhat less enhancement (by 29×
in experiment and 49× in theory) in the lower part of the image to see some BS and SS atoms
(figures 3(c), (e)). Note also that methods A and C also possess strong elongated images of
the FS atoms of type 6, as seen in a prior application of method A to Cu(001) [5].

Turning now to DPH in figures 3(d), (f), we find method D to be the most robust for
imaging both SS and BS atoms (and to some degree also FS atoms of type 6). All of the BS
and SS atoms of types 1, 2, 3 and 4 are seen clearly in these DPH images, with only a small
enhancement factor of 5× being required in the top half of the image (as with method B, but
with superior image quality to it). Comparing the positions of these images in DPH with the
known atomic positions in Cu, there are shifts in position of approximately 0.1 Å for type 1,
0.6 Å for 2, and 0.3 Å for 3. Such peak shifts relative to the true atomic positions, as observed
in all methods, can be attributed to the neglect of corrections for both the scattering phase and
the inner potential, which have not been included here.

For comparison with experiment, we have also performed multiple-scattering simulations
of I (k), using a cluster method [24]. The theoretical I0 was obtained simply as the square of
the zeroth-order wave function without scattering. Images reconstructed from the theoreticalχ
and δχ via methods C and D are shown in figures 3(e) and (f). The main features in figures 3(c)
and (d) are well reproduced by our simulations, although the artefacts between the images of
atoms 3 are much stronger in experiment for method C, and the relative intensity in the region
of FS atom 6 is stronger in experiment for method D.
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Figure 3. Atomic images in the vertical (100) plane of Cu(001) reconstructed from Cu 3p holograms
obtained by normal photoelectron holography (PH, methods A–C) and differential photoelectron
holography (DPH, method D), as described in the text. The emitter and scatterer positions are
indicated by squares and circles, respectively, and various near-neighbour atoms are numbered.
Image intensities above or below zc = −0.5 Å have been rescaled by the factor shown in each
panel, with this factor being determined so as to make the maximum intensities above and below zc
equal. Experimental images: (a) image obtained by method A: normal holography via equation (1)
with I0 determined by fitting its angular variation at each k value. (b) Image obtained by method
B: normal holography with I0 determined by fitting its k variation along each direction. (c) Image
obtained by method C: normal holography with I0 determined by fitting both its angular and k
variations. (d) Image obtained by method D: differential holography with I0 determined by fitting
both its angular and k variations. Theoretical images: (e) as (c) but theoretical. (f) As (d) but
theoretical.

(This figure is in colour only in the electronic version)

Figures 4 and 5 further show three-dimensional representations of the experimental images
in figures 3(a)–(d), with figure 4 first indicating clearly that DPH can effectively image
approximately 20 BS and SS atoms around a given emitter e and up to two planes below
it. In this image, we find in addition to the atoms of types 1–4 and 6 in figure 3, two other
types of near-neighbour BS and SS atoms located in the vertical (110) plane (denoted 2′ and
4′ and situated in the same horizontal layers as 2 and 4, respectively). All of these atoms are
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’

’

’

Figure 4. Three-dimensional Cu(001) atomic image reconstructed from the experimental
holograms by method D—differential holography with a 3D I0 function. Image intensities above
zc = 0.5 Å have been multiplied by a factor of 4, and isosurfaces at 50% of the maximum intensity
are shown together with five slices at z = 0 (the emitter plane), ±1.81 (the first nearest layers) and
±3.62 Å (the second nearest layers). Reconstructed forward-, side- and back-scattering atoms are
numbered, and the corresponding atoms in the crystal model are indicated in the inset. Only the
four features labelled A inside the atomic peaks 3 are weak artefacts that cannot be connected with
a specific atom.

reasonably well imaged, with only a few, such as 2, being significantly shifted in position, but
most within a few tenths of an Å of the correct positions in all directions. Even though four
weaker artefacts (labelled A in figure 4) are observed at radii inside of the positions of atoms
3, the three-dimensional image quality is much higher than any of the previous PH images of
bulk substrate emission [5, 7].

The experimental images in figure 5 permit a direct comparison of methods A–D in three
dimensions, and confirm our earlier comments concerning the relative importance of back,
side, and FS atoms, and the superiority of the DPH image.

In conclusion, DPH provides an effective method for reducing FS artefacts in images and
significantly improves the imaging of back and SS atoms. With an appropriate choice of the
energy difference and k-space sampling used, FS atoms should also be imaged more accurately
by this method. This method should also be helpful in reducing FS artefacts in other types of
electron holography in which energy can be stepped in a controlled way, as e.g. in Kikuchi [9]
or LEED [10] holography.

Finally, we for completeness point out briefly a couple of other promising methods
that have been suggested by other groups for reducing FS effects and improving images in
photoelectron holography.
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(a) PH-I0(θ,φ)-
Expt.

(b) PH-I0(|k|)-
Expt.

(c) PH-I0(k)-
Expt.

(d) DPH-I0(k)-
Expt.

e

Figure 5. As figure 4, but for all
four experimental image cases considered in
figures 3(a)–(d).

• Near-node photoelectron holography. In this method, as suggested by Greber and
Osterwalder [19] and recently demonstrated experimentally by Wider et al [29], the
experimental geometry is chosen so that the polarization vector is nearly perpendicular to
the electron emission direction. Thus, if the photoelectric cross section is roughly p-like
(as is rigorously true for dipolar emission from an s-subshell), the strength of the wave
emitted in the FS direction is reduced, and significant improvement in imaging BS, SS
and FS atoms has been seen in images produced by Al 2s emission from Al(111) [29].
This method requires using a special experimental geometry, and is most effective for
s-subshell emission, although many non-s subshells have roughly p-like cross sections at
higher photon energies.

• Circular dichroism in photoelectron holography. In one method of this type suggested by
Daimon et al [30], advantage is taken of the fact that photoelectron diffraction features
tend to be ‘rotated’ to the left or right if excited by left or right circularly polarized
radiation [31]. The degree of rotation is in first approximation inversely proportional to
the distance to the scatterer producing a given peak, and thus a kind of stereoscopic image
of the near-neighbour environment can be obtained [30]. In another variant of this, it has
been pointed out by Oelsner and Fecher [32] that taking a difference of two holograms
obtained with left and right circularly polarized radiation and using this difference in an
inversion formula analogous to equation (5) can produce accurate single-energy atomic
images, with the theoretical reasons for this being discussed in some detail.

4. Resonant x-ray fluorescence holography (RXFH)

Since Szöke’s original suggestion of x-ray fluorescence holography (XFH) as one of the
possible inner-source holographies [33], the technique has been pursued first via theoretical
feasibility studies [11], and then developed experimentally in both normal [34] and inverse
modes [35]. Review articles discussing the first experiments and some likely future directions
have also appeared [36, 37]. As examples of the current status of XFH, more recent work
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has demonstrated the ability to image up to 100 atoms in a volume of (10 Å)3 surrounding a
given emitter and to see a low-Z atom in the presence of a high-Z atom [38], and to image
the local environment in a quasi-crystal lacking long-range periodicity [39]. It has also been
shown previously that the local environment of a dopant at the ∼0.1% level can be successfully
imaged in a semiconductor lattice [40].

Even though XFH in either of the two original modes thus offers a powerful method to
probe the local atomic structure around a given atom, it still lacked a key ingredient of the
‘ideal’ probe: the technique may be element-specific for the central atom in the structure,
but there was no simple way to determine the near-neighbour atomic identities. Use can be
made of the differences in x-ray scattering strengths between different atoms, but this is only
unambiguous when the atomic numbers are very different. It has thus recently been proposed,
based on theoretical simulations, to perform resonant x-ray fluorescence holography (RXFH)
so as to permit the direct imaging of atoms of a preselected type in solids [17]. This new variant
of XFH thus should provide a unique way to determine chemical order and disorder around
a given type of atom, through spectroscopic ‘true colour’ selection. RXFH thus represents
an important improvement to XFH in the inverse mode (often termed multi-energy x-ray
holography (MEXH) [12]), which should enable the direct discrimination of different atoms in
reconstructed images even for the most difficult cases where the atomic numbers of elements
involved are very close together.

The principle of RXFH is discussed here with the example of a binary compound with close
atomic numbers. As noted above, a considerable amount of experimental work on MEXH has
so far demonstrated that atomic images of this kind of crystal can be obtained with reasonable
accuracy and resolution without special difficulties by using state-of-the-art facilities based on
third-generation synchrotron sources [41]. Thus, it should be technically possible to obtain
additional information on the chemical identities of such atomic images that can lead to more
complete structural characterization of the crystal.

To illustrate the method, we first label the central atom of the reconstructed images to
be of type A: this is the fluorescing atom. The incident photon energy is then tuned across a
strong core absorption resonance of some other atom in the lattice that we label B, so that the
scattering factor of atom B changes rapidly. The anomalous dispersion for element B which
occurs in passing over the absorption resonance is then used to image only atoms of type B. In
RXFH, holograms are thus measured at a few energies in the vicinity of the absorption edge
of element B, EB

abs.
As an example, we consider the compound FeNi3 with A = Fe and B = Ni. Figure 6

shows the real and imaginary parts of the corresponding scattering factors f A (0) and f B (0)
in the FS direction, in the vicinity of the K absorption edge of Ni. A choice of three energies
for RXFH is also indicated, with these spanning a small energy region (�E = 197 eV) around
EB

abs (8333 eV). It is seen that as the energy is swept across EB
abs, the atomic scattering factor

f B (0) of element B changes drastically, while f A (0) remains nearly constant, because EA
abs

is far outside of this energy range (but still close enough to induce Fe Kα radiation sufficient
for realistic experiments).

The portions of an incident x-ray wave scattered by atoms constitute the object waves
in this inverse form of x-ray fluorescence holography, and they interfere with the unscattered
portion of the incident reference-wave to give rise to an interference field at atom A inside
the crystal. Since E > EA

abs (7112 eV), the total strength of the wave field at the atomic
positions of element A can be measured by integrating fluorescent x-rays from A over a large
solid angle. Thus, an x-ray hologram with the central atom A can be obtained at each energy
by recording the intensity I (k, θ, φ) of fluorescent x-rays as a function of the x-ray incident
direction and then normalizing I by the smooth background intensity I0, numerically derived



10528 C S Fadley et al

Figure 6. X-ray scattering factors in the forward direction for Fe (dotted lines) and Ni (solid
curves) atoms as a function of x-ray energy around theK edge of Ni. The real and imaginary parts
are denoted as f1 and f2, respectively, and the real parts are shifted down by the atomic numbers.
Three energies used for the MEXH and RXFH simulations,E1,E2 andE3, are indicated by vertical
solid lines and correspond to 8235 eV (k = 4.17 Å−1), 8334 eV (k = 4.22 Å−1) and 8433 eV
(k = 4.27 Å−1), respectively.

from I , as χ (k, θ, φ) = (I − I0) /I0. The contribution to the recorded holograms from atoms
of type A can be largely cancelled out by taking the difference of two holograms at energies
close to EB

abs, while such a differential hologram will receive relatively strong contributions
from atoms B resulting from the rapid change in f B.

To more quantitatively develop the holographic transform appropriate for RXFH, the
mathematical expression for the differential x-ray hologram in MEXH [17] is discussed next.
For simplicity, we consider the normalized hologram χ for a scatterer–absorber pair, which is
equivalent to equation (4) but in slightly different form:

χ (k) = f
(
k, θk

R

)
R

exp [ikR − ik · R] + c.c. (6)

where R is the scatterer position, and θk
R is the scattering angle between k and R. The

difference between two holograms at k± = k± δk/2 is given in a form similar to equation (6)
but using an effective scattering factor, just as that discussed for DPH above [16, 27]:

δχ (k) = f eff
(
k, θk

R

)
R

exp [ikR − ik · R] + c.c. (7)

and with a more accurate form for the effective scattering factor due to the possibility now of
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a non-negligible change in f in crossing a resonance:

f eff
(
k, θk

R

) = δf exp

[
i
δk

2

(
R − k̂ · R

)]
+ 2if

(
k−, θk

R

)
sin

[
δk

2

(
R − k̂ · R

)]
. (8)

Equation (8) shows two contributions to δχ . The first is due to the change in the scattering
factor δf , which can appear even for the smallest δk if there is any abrupt change in f , as at
the absorption edge: this term is exploited in RXFH. The second contribution is significant
even when δf is nearly zero as long as δk is finite: as discussed earlier, it is used in DPH. In
fact, f eff = δf in the limit of δk → 0, so that δχ contains structural information about only
the resonant species, as measured relative to the central A atom.

In trying to do element-specific imaging via this approach, we first note that the form of
the x-ray-atom scattering factor is in general

f
(
k, θk

R

) = fAtom × fThomson = [f0
(
θk
R

)
+ f1 − if2] × fThomson(θ

k
ε ) (9)

where fAtom is the atomic scattering factor, fThomson is the polarization-dependent Thomson
scattering factor, θkε is the angle between the scattered x-ray and the light polarization (here
assumed linear), f0 is the tabulated atomic form factor, and f1 and f2 are the real (refractive)
and imaginary (absorptive) parts of the atomic scattering factor, respectively [42]. The terms
f1 and f2 are the only quantities which vary strongly with photon energy. One can thus try to
exploit the change in f1, the change in f2, or both. It is clear from figure 6 that the variations
are more gradual in the real part than in the imaginary part, with f1 showing a broad dip
near the resonance that sets in before the K absorption edge for Ni is actually reached, and
f2 showing an abrupt jump right at the edge. To use the variation in the real part, one could
use the relatively wide energy spacing shown in figure 6, and contrast holograms taken at one
or two off-resonance energies with a hologram taken at the resonance energy. This choice
appears to be better than trying to exploit the variation in the imaginary part. In this latter case,
two energies should be chosen just below and above EB

abs, so that δf A ≈ 0 and δf B ≈ −iδf B
2 ;

while this scheme works in principle, it is found that a very high, but still realistic, signal-to-
noise ratio would be required. Thus, although both approaches should probably work in future
experiments, we will here focus on using the change in the real part, which appears somewhat
easier to achieve in the laboratory.

In the three-energy case shown in figure 6, two differential holograms, δχ1 = χ2 −χ1 and
δχ2 = χ3 −χ2, are obtained from normal holograms at the three energies. The two differential
holograms are then summed for extra signal. However, since the change in the real part of the
scattering factor f B

1 has opposite signs on either side of EB
abs, the differences δχ1 and δχ2 also

tend to change signs and would largely cancel out in the sum. Therefore we include a sign
σ(k − kB

abs) to compensate for this:

U (r) =
∫
k2 dk σ

(
k − kB

abs

) ∫
δχ (k) exp [ik · r] d2k̂ (10)

where σ
(
k − kB

abs

) = +1 for k > kB
abs and σ

(
k − kB

abs

) = −1 for k < kB
abs; here the first

integral generalizes the summation to more energies, if desired. In this case, the changes δf B
2

in the imaginary parts above and below the edge are nearly equal (since E2 is centred on the
edge) so that their contributions nearly cancel out in equation (10). The overall resonant effect
is mostly due to the change in the real part δf B

1 . Furthermore, that difference is comparable in
magnitude to the normal atomic scattering factors of light elements such as C, N and O, with
the last having recently been imaged by MEXH [38, 39]. By comparison, the contributions
from atoms A are greatly reduced; thus, we have reason to believe that such an element-specific
contrasted image should be achievable experimentally. It is also easy to show that if either f
or f eff is real, the real part of U has a negative peak at the atomic position [42]. Therefore, we
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Figure 7. Comparison of multiple-energy x-ray holography (MEXH) and resonant x-ray
fluorescence holography (RXFH) based on single-scattering simulations for the FeNi3 crystal.
(a) Crystal model of FeNi3 corresponding to the reconstructed images in (b) and (c) and including
eight unit cells with the lattice constant of 3.55 Å. The Fe and Ni atoms observed in (b) (marked
as Fe1, Fe2 and Ni1) are shown as thin and thick gray circles, respectively, while the Fe atoms not
observed in (b) are shown as open circles. (b) Three dimensional reconstructed image from MEXH
sliced along six {001} planes. (c) Corresponding image from RXFH. The fluorescing Fe atom is
located at the centre of the cubes in (b) and (c). (d) Enlarged reconstructed image from MEXH in
the (001) plane. (e) Corresponding enlarged image from RXFH. The true atomic positions of Fe
and Ni atoms are shown as circles and squares, respectively, with some key atoms labelled.

have used the negative real part ofU = −Re [U ] for presenting the reconstructed images in the
following, further showing only those parts of this image function that are positive to conform to
theoretical expectations: thus, if Re [U] > 0, image U = 0, and if Re [U] < 0,U = −Re [U].

To quantitatively demonstrate RXFH, x-ray holograms were simulated for the FeNi3 model
crystal, which has the fcc structure with Fe atoms at all corners of the cubic unit cell (see
figure 7(a)). The simulations use a single-scattering cluster model that is suitable for this
application [28]. The spherical cluster has a radius of 30 Å, which includes a fluorescing Fe
atom at the centre and approximately 10 000 scatterers. The lattice constant is that for the
ordered phase of FeNi3 (3.55 Å). The non-resonant scattering factors f0

(
θk
R

)
were calculated

from the standard tables [43]. The anomalous dispersion corrections for Ni were calculated
from the experimental absorption coefficient of Ni [44] by using the computer code developed
by Newville and Cross [45], while the slowly varying values for Fe were taken from another
database [35]. A hologram at each of the three energies shown in figure 6 was calculated over
the full solid angle of 4π steradians with a step width of 3◦ for both polar and azimuthal scans.
Although it is usually impossible to measure a hologram over the full solid angle, in many
cases, a measured hologram can be extended over the full solid angle by using the symmetry
of the crystal (e.g. inversion symmetry, as is the case for FeNi3), thereby improving the image
resolution along the vertical direction. The image resolution and the maximum radius within
which the image is reliable for this k-space sampling are expected to be approximately 0.7 and
18 Å, respectively [28].

Three-dimensional atomic images have been reconstructed from the theoretical holograms
by both the original MEXH algorithm and the RXFH algorithm based on equation (10), and
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are shown in figures 7(b) and (c), respectively. The MEXH image in figure 7(b) yields five Fe
peaks and four Ni peaks at the respective sites of these atoms on each crystal plane. The atomic
peaks for Fe denoted as Fe2 in the figure appear to be split into two parts. Such peak splitting is
often observed in single-energy holography, and since we have used only three energies here,
this could explain this type of image aberration. Nonetheless, all the atomic peaks observed
are fairly well resolved, and their positions are close to the true positions, but of course without
clear distinction between Fe and Ni. On the other hand, in figure 7(c), using the contrasting
mechanism of RXFH, the atomic peaks for Fe are almost completely suppressed, while the
peaks for Ni are clearly visible. In figures 7(d) and (e), a more detailed comparison between
MEXH and RXFH is presented. This shows that RXFH can very effectively discriminate
between two species with close atomic numbers and reveals the chemical order around the
fluorescing atom. The maximum image intensity for Ni in RXFH is approximately 18% of
that in MEXH. This confirms the previous argument, based on the dispersion curve of f1,
that the experimental challenge associated with RXFH can be comparable to that in MEXH
for light elements such as C, N and O, and that RXFH should thus be feasible with current
third-generation synchrotron radiation capabilities.

Thus, the RXFH scheme has been demonstrated theoretically and awaits demonstration
experimentally. To enhance the resonant effects and suppress the contributions from non-
resonant species, the choice of incident x-ray energies is extremely important. From the
experimental point of view, the signal-to-noise ratio of the hologram is the most important
factor. The accuracy in tuning x-ray energies is also critical. Our simulations show that
RXFH should be successful in selectively imaging a single species of atom in a compound.
Therefore, not only the atomic arrangement but also the chemical order around each atom can
be determined by comparing the reconstructed images via MEXH and RXFH. This technique
should be particularly useful for studying such issues as the structural environment of dopant
atoms in compound semiconductors and complex oxides, and the order–disorder transition of
alloys; and it may ultimately find use in studies of active sites in biological molecules.
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[13] Korecki P, Korecki J and Ślezak T 1997 Phys. Rev. Lett. 79 3518
[14] Bompadre S G, Petersen T W and Sorensen L B 1999 Phys. Rev. Lett. 83 2741
[15] Kaduwela A P, Wang Z, Thevuthasan S, Van Hove M A and Fadley C S 1994 Phys. Rev. B 50 9656
[16] Omori S, Nihei Y, Rotenberg E, Denlinger J D, Kevan S D, Tonner B P, Van Hove M A and Fadley C S Phys.

Rev. Lett. at press
[17] Omori S, Zhao L, Marchesini S, Van Hove M A and Fadley C S Phys. Rev. B at press
[18] Luh D-A, Miller T and Chiang T-C 1998 Phys. Rev. Lett. 81 4160
[19] Greber T and Osterwalder J 1996 Chem. Phys. Lett. 256 653
[20] Sinkovic B, Hermsmeier B D and Fadley C S 1985 Phys. Rev. Lett. 55 1227

Hermsmeier B D, Osterwalder J, Friedman D J and Fadley C S 1989 Phys. Rev. Lett. 62 478
Hermsmeier B, Osterwalder J, Friedman D J, Sinkovic B, Tran T and Fadley C S 1990 Phys. Rev. B 42 11 895

[21] Tober E D, Palomares F J, Ynzunza R X, Denecke R, Morais J, Wang Z, Biino G, Liesegang J, Hussain Z and
Fadley C S 1998 Phys. Rev. Lett. 81 2360

[22] Starke K, Kaduwela A P, Liu Y, Johnson P D, Van Hove M A, Fadley C S, Chakarian V, Chaban E E, Meigs G
and Chen C T 1996 Phys. Rev. B 53 R10 544

[23] Fadley C S et al 1997 Prog. Surf. Sci. 54 341
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